By an elementary argument similar to that used by Dirichlet in the divisor problem, Landau [7] proved that if α and β are fixed positive numbers and if α = β, then m α n β ≤x
In 1952 H.E. Richert by means of the theory of Exponents Pairs (developed by J.G. van der Korput and E. Phillips ) improved the above O-term ( see [8] or [4] pag. 221 ).
In 1969 E. Krätzel studied the three-dimensional problem. Besides, M. Vogts (1981) and A. Ivić (1981) using the properties of the Riemann Zeta-function. M. Vogts (1985) also studied that problem but using elementary methods. Here, we will analyse some sums of the above kind by means of non-elementary methods. 
where m(σ) = sup{m :
then we have
When the fractions
is a simple pole of ζ(b j s−a j ) and we have
is replaced by x 1+ar br P r,q (log x) where P r,q (log x) is a polynomial in log x of degree q − 1.
Proof. The function 
We will consider the rectangle R T with vertices c −
where I 1 , I 2 , I 3 are the integrals along the other three sides of the rectangle
From hypothesis (1) we can deduce
For the integral I 2 we have
by the Hölder inequality and hypothesis (1) we get
Taking T = x d for some sufficiently large d > 0 we obtain (2) and theorem is proved.
for every > 0. 
